We focus on the problem of disentangling the single (SPS) and double (DPS) parton scattering modes in the production of J/ψ pairs at the LHC conditions. Our analysis is based on comparing the shapes of the differential cross sections and on studying their behavior under imposing kinematical cuts. On the SPS side, we consider the leading-order O(α 4 s ) contribution with radiative corrections (taken into account in the framework of the kt-factorization approach) and the subleading O(α 6 s ) contribution from pseudo-diffractive gluon-gluon scattering represented by one gluon exchange and two gluon exchange mechanisms. We come to the conclusion that disentangling the SPS and DPS modes is rather difficult on the basis of azimuthal correlations, while the rapidity difference looks more promising, provided the acceptance of the experimental detectors has enough rapidity coverage.
I. INTRODUCTION
Since it was first observed, charmonium production in hadronic collisions has been a subject of considerable theoretical interest. Production rates and their dependence on the different kinematic variables provide important tests for comparing theoretical models.
In the last years, the production of J/ψ pairs has attracted a significant renewal attention in the context of searches for double parton scattering processes [1] . A number of discussions has been stimulated by the recent measurement [2] of the double J/ψ production cross section at the LHCb experiment at CERN. Theoretical estimates based on both collinear [3] [4] [5] and k t -factorization [6] approaches show that the single (SPS) and double (DPS) parton scattering contributions are comparable in size and, taken together, can perfectly describe the measured cross section.
To disentangle the SPS and DPS mechanisms one needs to clearly understand the production kinematics. Naive expectations that the SPS mechanism should result in the back-to-back event configuration received no support from the later calculations. Including the initial state radiation effects (either in the form of k t -dependent * Electronic address: baranov@sci.lebedev.ru † Electronic address: snigirev@lav01.sinp.msu.ru ‡ Electronic address: zotov@theory.sinp.msu.ru § Electronic address: antoni.szczurek@ifj.edu.pl ¶ Electronic address: wolfgang.schafer@ifj.edu.pl gluon distributions [7] or by means of simulating the parton showers in a phenomenological way [5] ) washes out the original azimuthal correlations, thus making the SPS and DPS samples very similar to each other. One cannot exclude, however, that the situation may change under imposing certain cuts on the J/ψ transverse momenta. On the other hand, it has been suggested [5, 8] that the DPS production is characterized by a much larger rapidity difference between the two J/ψ mesons. The dominance of the DPS contribution over SPS at large rapidity difference was discussed recently also for pp → ccccX reaction [9, 10] . The goal of the present study is to carefully examine the J/ψ pair production properties in the different kinematical domains paying attention to the different contributing processes. On the SPS side, we consider the leading-order O(α 4 s ) subprocess (with radiative corrections taken into account in the framework of the k t -factorization approach) and the subleading O(α 6 s ) contribution from pseudo-diffractive gluon-gluon scattering represented by one-gluon exchange and two-gluon exchange mechanisms; the latter mechanisms yet have never been discussed in the context of searches for DPS. On the DPS side, we consider the prompt production of J/ψ pairs including the direct g + g → J/ψ + g contribution and radiative χ c decays.
II. THEORETICAL FRAMEWORK A. SPS contributions
At the leading order, O(α 4 s ), the SPS subprocess g + g → J/ψ + J/ψ is represented by a set of 31 "box" diagrams, with some examples displayed in Fig. 1 . Our approach is based on perturbative QCD, nonrelativistic bound state formalism [11] [12] [13] , and the k t -factorization ansatz [14] [15] [16] in the parton model. The advantage of using the k t -factorization approach comes from the ease of including the initial state radiation corrections that are efficiently taken into account in the form of the evolution of gluon densities. The calculation of this subprocess is identical to that described in Ref. [7] .
As usual, the production amplitudes contain spin and color projection operators that guarantee the proper quantum numbers of the final state mesons. Then, the J/ψ formation probability is determined by the radial wave function at the origin of coordinate space |R(0)| 2 ; the latter is known from the J/ψ leptonic decay width [17] . Only the color singlet channels are taken into consideration in the present study since this approach was found to be fully sufficient [18] to describe all of the known LHC data on J/ψ production.
The evaluation of Feynman diagrams is straightforward and follows the standard QCD rules, with one reservation: in accordance with the k t -factorization prescription [14] , the initial gluon spin density matrix is taken in the form ǫ
where k T is the component of the gluon momentum perpendicular to the beam axis. In the collinear limit, when k T → 0, this expression converges to the ordinary ǫ µ g ǫ * ν g = −g µν /2, while in the case of off-shell gluons it contains an admixture of longitudinal polarization. All algebraic manipulations with Feynman diagrams have been done using the computer system form [19] .
We have carefully checked that our present results are consistent with earlier calculations known in the literature. The model based on the diagrams of Fig. 1 was first formulated in Refs. [20, 21] . Later on, it was extended to considering the polarization effects [22, 23] and to including the color-octet contributions, see [23, 24] and references therein. As far as the color-singlet contribution is concerned, all these papers are fully identical to each other; the calculations are made in the collinear scheme and restricted to the O(α 4 s ) order. Using the k tfactorization approach we go beyond these approximations by including the initial state radiation corrections. We have checked that in the collinear limit we perfectly reproduce the results of Refs. [20] [21] [22] [23] [24] .
The full fortran code for the matrix element is available from the authors on request. This process is also available in the hadron level Monte Carlo generator cascade [25] . Numerical results shown in the next section have been obtained using the A0 gluon distribution from [26] .
In addition to the above, we also consider the pseudodiffractive gluon-gluon scattering subprocesses represented by the diagrams of Fig. 2 . Despite the latter are of formally higher order in α s , they contribute to the events with large rapidity difference between the two J/ψ mesons and in that region can take over the leadingorder 'box' subprocess. Our processes differ from the true diffraction in the sense that there occurs color exchange, and so, the rapidity interval between the two J/ψ 's may be filled up with lighter hadrons (thus showing no gap in the overall hadron density). Among the variety of higherorder contributions, the pseudo-diffractive subprocesses mentioned here are of our special interest as they potentially can mimic the DPS mechanism having very similar kinematics.
The evaluation of the one-gluon exchange diagrams
is straightforward, but the number of diagrams is rather large. There are six possible gluon permutations in the upper quark loop and six permutations in the lower loop. Besides that, we have to consider interchanges between the two initial or two final gluons:
, thus ending up with 144 possible combinations. Note that the matrix element is free from infrared singularities. This is due to the specific property of the quark loop amplitude which vanishes when any of the three attached gluons becomes soft. These calculations have also been performed in the k t -factorization approach as described above.
The two gluon exchange mechanism has been previously considered in Ref. [27] , where it was reduced to the production of J/ψ pairs in photon-photon collisions [28] by recalculating the appropriate color factor. We basically follow the same way in our present analysis, but use an updated gluon density [29] .
Let us concentrate on the elementary g+g→J/ψ+J/ψ subprocess first. Only 16 of the different possible Feynman diagrams survive in the high-energy limit, which seems to be a suitable approximation for the conditions in discussion. The corresponding amplitude can be cast into the impact-factor representation [28] :
and the cross section reads
(2) Here the subscripts λ i denote the helicities of the gluons g and vector mesons V , and q is the transverse momentum transfer, t ≈ −q 2 . The overall color structure of the reaction is described by the factor N c = (
, where N c = 3. We kept explicit an effective gluon mass µ G which is responsible for soft QCD effects [30] and plays the role of regularization parameter. However, in the present study we can safely set it to zero, and the amplitude remains finite as the impact factors J vanish when κ → ±q/2. See also the discussion in [31] .
At small t, within the diffraction cone, the cross section is dominated by the s-channel helicity conserving amplitude. In this case, the explicit form of the impact factor is
where ψ(z, k) is the light-cone wave function of the vector meson and z is the light-cone momentum fraction carried by the heavy quark. Neglecting the intrinsic motion of the quarks we set
, where the normalizing constant C is adjusted to the J/ψ leptonic width and is related to the radial wave function at the origin as
Within the above approximation, we have
Including the quark intrinsic motion would decrease the amplitude; for a more detailed analysis see [31] . As it will become clear from the numerical results, the nonrelativistic approximation is sufficiently accurate for our purposes.
The cross section for the two-gluon exchange contribution to the p + p → J/ψ + J/ψ + X reaction (see Fig. 2 ) is calculated in the collinear approximation with MSTW2008(NLO) gluon distribution function [29] and the factorization scale µ t , where m t is the J/ψ transverse mass. The elementary g+g → J/ψ+J/ψ cross section can be easily calculated in the high-energy approximation similarly to how it was done for the γ + γ → J/ψ + J/ψ reaction [31] . The corresponding cross section is proportional to α 6 s (µ 2 r ), and therefore depends strongly on the choice of the renormalization scale. In the calculation presented here we take µ 2 r = m 2 t . In the high-energy approximation, the matrix element is merely a function of the transverse momentum q of one of the J/ψ 's. This cannot be true at low subprocess energy, close to the J/ψ J/ψ threshold. Here one must take into account also the longitudinal momentum transfer. We therefore replace q 2 by the exactt orû for the t and u diagrams respectively. We neglect here the possible interference between the box diagram and the two-gluon exchange mechanism, which is formally of lower order than the square of the two-gluon amplitude. However, firstly, the addition of box and two-gluon exchange amplitudes is not warranted without the consistent evaluation of α s -corrections to the box. Secondly, it will become obvious from the numerical results, that the two-gluon mechanism is exceedingly small in the region of invariant masses dominated by the box mechanism.
B. DPS contributions
Under the hypothesis of having two independent hard partonic subprocesses A and B in a single pp collision, and under further assumption that the longitudinal and transverse components of generalized parton distributions factorize from each other, the inclusive DPS cross section reads (for details see, e.g., the recent review [1] with many references to prior works listed therein)
where
is the overlap function that characterizes the transverse area occupied by the interacting partons, and f (b) is supposed to be a universal function of the impact parameter b for all kinds of partons with its normalization fixed as
The inclusive SPS cross sections σ A SPS and σ B SPS for the individual partonic subrocesses A and B can be calculated in a usual way using the single parton distribution functions. The symmetry factor m equals to 1 for identical subprocesses and 2 for the differing ones.
These simplifying factorization assumptions, though rather customary in the literature and quite convenient from the computational point of view, are not sufficiently justified and are currently under revision [1] . Nevertheless, we restrict ourselves to this simple form (5) regarding it as the first estimate for the DPS contribution. The presence of correlation term in the two-parton distributions results in reduction [32] [33] [34] of the effective cross section σ eff with the growth of the hard scale, while the dependence of σ eff on the total energy at a fixed scale is rather weak [33] . Thus, in fact, we obtain the lower bound estimate for the contribution under consideration. The CDF [35, 36] and D0 [37] measurements give σ eff ≃ 15 mb, that constitutes roughly 20% of the total (elastic + inelastic) pp cross section at the Tevatron energy. We will use this value in our further analysis.
When calculating the inclusive SPS cross section σ J/ψ SPS we take into account both the direct production channel g+g → J/ψ+g and the production of P -wave states g+g→χ cJ followed by radiative transitions χ cJ →J/ψ+γ. Numerically these two production mechanisms turn to be of approximately equal importance. The calculation of the relevant Feynman diagrams is straightforward, but is done in the k t -factorization approach implying that the initial gluon spin density matrix is taken in the form ǫ
(similarly to what we did for the "box" SPS subprocess). The computational technique is explained in every detail in Ref. [18] .
The formation probability of J/ψ meson is determined by its radial wave function; the latter is extracted from the known leptonic decay width [17] and is set to |R ψ (0)| 2 = 0.8 GeV 3 . The formation probability of χ cJ mesons is determined by the derivative of the radial wave function; the latter is taken from the potential model [38] : |R ′ χ (0)| 2 = 0.075 GeV 5 . The decay branchings are taken from the Particle Data Book [17] : Br(χ c1 →J/ψγ) = 35%, Br(χ c2 →J/ψγ) = 20%. The decay angular distributions are generated in accordance with the calculated χ cJ polarization properties under the assumption of electric dipole dominance [39] .
III. RESULTS AND DISCUSSION
We start with discussing the role of kinematic restrictions on the J/ψ transverse momentum. Shown in Fig.  3 are the fractions of SPS events surviving after imposing cuts on p T (ψ). Dashed line corresponds to requiring p T (ψ)>p T,min for only one (arbitrarily chosen) J/ψ meson with no restrictions on the other. Were the two J/ψ's produced independently, the probability of having p T (ψ)>p T,min for the both J/ψ's simultaneously could be obtained by just squaring the single-cut probability (dash-dotted curve in Fig. 3) . On the contrary, in the naive the back-to-back kinematics, a cut applied to any of the two J/ψ's would automatically mean the same restriction on the other, thus making no effect on the overall probability (dashed curve). The DPS production mode with cuts applied to both J/ψ mesons is represented by the dotted curve in Fig. 3 . As one can see, this curve is rather close to that modeling the idealized independent SPS production.
The explicit calculation (solid curve) lies between the two idealistic extreme cases related to the fully independent (dash-dotted curve) and fully back-to-back correlated (dashed curve) production of J/ψ pairs. In the region p T,min < 4 GeV the solid and dash-dotted curves almost coincide, thus showing that the two J/ψ's are nearly idependent. With stronger cuts on p T (ψ), the curves diverge showing that the production of J/ψ's becomes correlated.
Another illustration of this property is given by the distributions in the azimuthal angle difference dσ(ψψ)/d∆ϕ exhibited in Fig. 4 . The distribution looks flat for the unrestricted phase space (the upper plot), but tends to concentrate around ∆ϕ ≃ π when the cuts on p T (ψ) become tighter (the middle and the lower plots in Fig. 4 .) In principle, one could get rid of the SPS contribution by imposing cuts like p T (ψ) > 6 GeV, ∆ϕ < π/4, but the DPS cross section would then fall from tens of nanobarns to few picobarns. We can conclude that the SPS and DPS modes are potentially distinguishable at sufficiently high p T (ψ), but the production rates fall dramatically, and so, the practical discrimination of the production mechanisms remains problematic. Now we turn to rapidity correlations explained in
Figs. 5 and 6. In the case of independent production (the DPS mode), the distribution over ∆y is rather flat (dash-dotted curve in Fig. 5 ), while in the case of SPS 'box' contribution (dotted curve in Fig. 5 ) it is concentrated around ∆y ≃ 0 and does not extend beyond the interval |∆y| < 2. The shape of the doubledifferential cross section dσ/dy(ψ 1 )dy(ψ 2 ) corresponding to the Leading-Order SPS contribution is presented in Fig. 6 . This contribution forms a long diagonal 'ridge' in the y(ψ 1 ) − y(ψ 2 ) plane.
In Fig. 5 we also show pseudo-diffractive contributions from the one-and two-gluon exchange processes of Fig. 2 . As it was expected, these processes lead to relatively large ∆y and even show maxima at ∆y ≃ ±2. This corresponds to a typical situation with one J/ψ moving forward and the other one moving backward, following the directions of the initial gluons. The minimum for the two-gluon exchange g + g → J/ψ + J/ψ subprocess is a consequence of the educated guess correction of the high-energy formula at low energies as discussed above.
At the same time, the absolute size of the one-gluon exchange cross section is found to be remarkably small. There are several reasons taking credit for this smallness. First, is the presence of two extra powers of α s . Second, is just the large typical rapidity difference that makes the invariant mass of the final state relatively large: M ψψ (∆y=2)/M ψψ (∆y=0) ≃ cosh(∆y/2). In turn, larger masses mean larger values of the probed x, and, accordingly, lower values of the gluon densities.
The third and the most important reason lies in the color factors. The color amplitude of the first diagram in the first row of Fig. 1 reads The color interference term is even smaller (and negative):
Note that all the considered contributions are of the same order in N c . The same suppression factors apply to the two-gluon exchange as well, but there is yet another suppressing mechanism specific for the one-gluon exchange process. It comes from the fact that the amplitude vanishes when any of the final state gluons becomes soft (this property makes the process infrared-safe, as we have mentioned already). Recall that by the same token the inclusive production rates of J/ψ and χ c mesons become comparable to each other in spite of the hierarchy of the wave functions (S-wave compared to P -wave). As a consequence, although the two-gluon exchange g+g → J/ψ+J/ψ and one-gluon exchange g+g → J/ψ+J/ψ+g+g processes are of the same QCD order, their magnitudes are considerably different.
IV. CONCLUSIONS
We have considered the production of J/ψ pairs at the LHC energies via SPS and DPS processes taking into account several possible contributing subprocesses. We find it rather difficult to disentangle the SPS and DPS modes on the basis of azimuthal or transverse momentum correlations: the difference becomes only visible at sufficiently high p T , where the production rates are, indeed, very small. Selecting large rapidity difference events looks more promising. The leading order SPS contribution is localized inside the interval |∆y| ≤ 2 (and continues to fall down steeply with increasing |∆y|), while the higher order contributions extending beyond these limits are heavily suppressed by the color algebra and do not constitute significant background for the DPS production. 
